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CONVERGENCE OF NONCOMMUTATIVE MARTINGALES
INDEXED BY DIRECTED SETS

ZHANG Yan , HOU You-liang
(School of Mathematics and Statistics, Wuhan University, Wuhan 430072, Chma)

Abstract: In this paper, we discuss the convergence of noncommutative martingales indexed

by directed sets. According to the theory of noncommutative martingales, we come to the following
conclusions: Let {za, Ma}acr be a noncommutative martingale with a directed index set. Then
{24} converges in L'-norm(or weakly) if and only if {x,} is uniformly integrable and satisfies the
condition (B): for each € > 0 there is a projection e € M such that |7(exqey)| < € for any y € M,
ly| <1 and any @ € I. When 1 < p < oo, {zo} converges in LP-norm(or weakly) if and only if
{z«} is LP-bounded in L?(M). It is also equivalent to that there exists an zo, € L?(M) such that
ZTa = Ea(Too)(a € I). Tt generalizes the corresponding conclusions in the commutative condition.
Keywords: directed set; noncommutative martingale; convergence; uniform integrability
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